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Effect of fast noise on the fidelity of trapped-ion quantum gates
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High-fidelity single- and multiqubit operations compose the backbone of quantum information processing.
This fidelity is based on the ability to couple single- or two-qubit levels in an extremely coherent and precise
manner. A necessary condition for coherent quantum evolution is a highly stable local oscillator driving these
transitions. Here we study the effect of fast noise, that is, noise at frequencies much higher than the local oscillator
linewidth, on the fidelity of one- and two-qubit gates in a trapped-ion system. We analyze and measure the effect
of fast noise on single-qubit operations, including resonant π rotations and off-resonant sideband transitions.
We further numerically analyze the effect of fast phase noise on the Mølmer-Sørensen two-qubit gate. We find a
unified and simple way to estimate the performance of all of these operations through a single parameter given
by the noise power spectral density at the qubit response frequency. While our analysis focuses on phase noise
and on trapped-ion systems, it is relevant for other sources of fast noise as well as for other qubit systems in
which spinlike qubits are coupled by a common bosonic field. Our analysis can help in guiding the design of
quantum hardware platforms and gates, improving their fidelity towards fault-tolerant quantum computing.
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I. INTRODUCTION

Quantum coherence is the fundamental resource in any
quantum information processing task. Much of the remarkable
progress achieved in the field over the past two decades was
achieved by careful examination and reduction of dephasing
mechanisms through improvements in control technology and
mitigation of environmental noise [1,2]. Yet single- and two-
qubit gates are still often limited by finite residual noise,
which would ultimately set a constraint on the qubit and
control hardware, in the effort to reach fault-tolerant quantum
computing.

Indeed, a range of techniques were studied to mitigate the
effect of noise. These include dynamical decoupling [3–9],
and decoherence-free subspace configurations [10–14]. These
methods were mainly designed to mitigate the effects of slow
noise, i.e., noise at frequencies lower than the linewidth of the
local oscillator (LO) used to control and measure the quan-
tum system. However, noise that is faster than this linewidth
affects qubit performance differently. In spectroscopic mea-
surements, such noise is analyzed through so-called filter or
sensitivity functions [15], highlighting the effect of noise at
certain frequencies commensurate with, e.g., the excitation
pulse length. However, quantitative treatment of the effect
such noise has on the fidelity of quantum gates is lacking.

Here we simulate and measure the effect of fast noise
on the fidelity of single- and two-qubit gates in trapped ion
qubits. Such noise can result from various mechanisms. Fast
intensity noise, either inherent to gain mediums used in lasers
or due to environmental instabilities, would often have a large
contribution at relevant frequencies. Another form of LO
noise is frequency or phase noise. Often an external servo
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loop is added to suppress the slow phase noise of the LO
with respect to a stable reference. While subduing the slow
phase noise, the servo loop generates excess noise at higher
frequencies, close to its unity gain response [16]. This noise
feature, which is prevalent mainly in narrow linewidth lasers,
is sometimes referred to as a “servo bump.”

Traditionally, noise at these high frequencies was thought
to average out over the much longer timescale of typical
quantum evolution. However, it was recently realized that
such noise limits various quantum operations [17–23] if its
spectrum overlaps with a frequency at which the quantum
system resonantly responds.

As an example, we consider a single-qubit rotation on the
Bloch sphere shown in Fig. 1(a). Phase or frequency instabil-
ities lead to fast fluctuations of the Rabi vector in the Bloch
sphere equatorial plane, resulting in randomly modified tra-
jectories [purple trajectories on the Bloch sphere in Fig. 1(a)].
Specifically, the fast noise frequency components that will not
average out and lead to significant rotation errors are those that
are on the order of the Rabi frequency. Figure 1(b) showcases
an example of such a modified spectrum. In fact, the effect
of fast noise goes beyond impacting single-qubit rotations
and can have deleterious effects on the fidelity of two-qubit
gates. For example, starting from |↑↑〉, the Mølmer-Sørensen
(MS) gate shown in Figs. 1(c) and 1(d) under fully coherent
evolution forms a perfect Bell state. However, the presence
of fast noise at the relevant energy scale leads to incoherent
errors and reduced fidelity.

In this work single-qubit rotations are performed via reso-
nant pulses, and their fidelity is directly measured for different
phase-noise spectra. For two-qubit entangling gates, we con-
sider the MS gate which utilizes optical fields that are close to
resonance with the sidebands of a common ion-phonon mode.
We find that the magnitude of the error induced by fast phase
noise in quantum gates predominantly scales with the over-
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FIG. 1. The effect of fast noise on the fidelity of trapped-ions
quantum gates. (a) Illustration of the Bloch sphere of a qubit where
the Rabi vector orientation fluctuates due to fast phase noise. The
orange dashed line is the noise-free trajectory for this qubit op-
eration, whereas the purple lines are trajectories of the qubit in
the presence of fast noise. (b) Typical laser phase power spectral
densities (PSDs). The red curve represents a typical PSD for a
free-running laser which is characterized by a white frequency noise
or, equivalently, 1/ f 2 phase noise. The purple curve represents the
PSD of the same noise process after applying an external feedback
loop that suppresses the slow noise while increasing the noise at
the edge of its bandwidth. The equivalent time traces are shown in
the inset. (c) Mølmer-Sørensen (MS) gate in the presence of fast
noise can result in incoherent coupling to other levels resulting in
leakage of population to other motional states, decreasing the gate
fidelity. (d) The MS interaction dynamics, visualized through the two
populations without phase noise (dashed lines) and with noise (solid
lines). At gate time (green area), we expect to obtain a Bell state.
However, due to phase noise, the qubits reach a slightly erroneous
state which includes an incoherent mixture of Bell states.

lap of the noise power spectral density (PSD) spectrum with
the relevant response frequency, that is, the Rabi frequency
in the case of single-qubit gates and the detuning from the
carrier transition in the case of sideband transitions and MS
gates. While this study focuses on the effect of phase noise
on trapped-ion qubit gates, our results are broadly relevant
for any fast noise source, such as amplitude noise, as well.
Our results are also relevant for other quantum computing
technologies in which two-qubit gates are realized through
coupling to a common bosonic mode, such as in supercon-
ducting qubits coupled through a microwave resonator.

II. EXPERIMENTAL AND NUMERICAL SETUP

We perform stochastic master equation simulations and
controlled experiments to evaluate the effect of fast noise
on the fidelity of quantum operations. Specifically, here we
focus on the PSD typical of oscillators where fast noise is
amplified by a frequency-stabilization feedback. For spectral
frequencies far from the carrier, typical oscillators exhibit
a white frequency noise spectrum or, equivalently, a brown

phase noise spectrum Sφ ( f ) = S0/ f 2 [24]. To obtain a random
vector with such a PSD and a target root mean square (RMS)
we use a vector of Gaussian distributed independent samples
as a seed for a generalized Gauss-Markov stochastic model
[25,26]. This noise is then convoluted with the impulse re-
sponse of a phase-locked loop system. The gain and positions
of the system’s poles can be tuned to shape the spectral re-
sponse and the resulting output PSD. This results in a spectral
region of amplified noise or servo-bump, around the unity
gain frequency of the simulated system as shown in Fig. 1(b).
The random time series generated through this process are
used for both the experiments and the simulations presented
below. We note that this method allows for the generation
of realistic noise traces, which is necessary in order to esti-
mate the limitations due to current laser technologies. For the
simulations, we numerically solve the master equation with a
time-dependent phase in the σx drive term. In each iteration,
we sample a different random phase vector, while all vectors
are drawn from the same PSD. The numerical simulations
are performed using the QuTiP [27] Python package. For
the different configurations described below, we use different
expectation values obtained from the time evolution of the full
density matrix. These values are averaged over the different
noise realizations to obtain the results presented here.

For the experiment, we use a single 88Sr+ ion trapped
in a linear Paul trap. We encode the qubit on the narrow
optical clock transition |S1/2; mj = 1/2〉 − |D5/2; mj = 3/2〉
at 674 nm. To drive the transition, we use an external cavity
diode laser stabilized to a high-finesse cavity. We further
utilize the cavity as an extremely narrow filter (∼15 kHz)
and take the transmitted light through it to suppress high-
frequency noise that arises from the finite bandwidth of the
servo loop. We then amplify the weak filtered light using
injection locking on an additional diode, yielding the desired
power with low noise. Since the transition has first-order sen-
sitivity to the magnetic field, we use a single-layer mu-metal
shield around the vacuum chamber to reduce the magnetic
field noise. Overall we measure the coherence time of the
laser-qubit to be around 50 ms (a similar system is described
in [17,28]).To investigate the effect of phase noise, we synthe-
size excess phase noise using an arbitrary waveform generator
and inject it into the laser through modulation with an acousto-
optic modulator (AOM).

III. SINGLE-QUBIT GATES

We begin by studying the most simple case of single-qubit
rotations in the presence of fast phase noise. In Fig. 2(a) we
show the results of continuously driving the qubit transition
with a Rabi frequency � = 2π × 100 kHz and an additional
synthesized phase noise characterized by a peak in the PSD
around 200 kHz. The experimental measured excited state
population (circles) exhibits Rabi oscillations with a decoher-
ence rate which agrees well with the stochastic numerical sim-
ulation (solid line) accounting for the same noise PSD [29].
We further study numerically the π -pulse error for a wide
range of noise spectra and find that the gate error is linearly
dependent on the noise PSD at the Rabi frequency. The rele-
vant PSD, in this case, is the PSD of the electric field (rather
than the phase) driving the transition, E = E0 cos[ωt + φ(t )],
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FIG. 2. Single-qubit rotation infidelity due to fast phase noise.
(a) Simulation (solid line) and measurements (filled circles) of Rabi
oscillations for an ion driven by a noisy oscillator. Experimental
error bars are smaller than the marker size. (b) Numerical calculation
of the infidelity of a single-qubit π rotation calculated at different
Rabi frequencies (orange markers) overlaid on the phase noise PSD
characterizing the simulated driving laser. (c) Numerical calculation
of the infidelity of a single-qubit π rotation at a fixed Rabi frequency
as a function of the Rabi PSD at the Rabi frequency multiplied by
the gate time.

where φ(t ) is the time-dependent phase which includes the
noise term. To evaluate the field PSD in units of Rabi fre-
quency, we normalize the entire spectrum such that the area
under the carrier peak is �2. We term the new spectral density
the Rabi PSD (RSPD). The dependence of a π -pulse error vs
the RPSD is shown in Fig. 2(c) where we see a linear depen-
dence. For pulses that are long as compared with the inverse
of relevant noise features, this dependence makes sense, as
the RPSD at the Rabi frequency generates an effective cou-
pling between the Rabi-dressed states. This effect was widely
studied in the context of noise spectroscopy [18,30,31].

For short pulses, however, such as π rotations, we find a
slightly different picture. In Fig. 2(b) we plot the noise PSD
and the calculated π pulse infidelity 1 − Fπ for different Rabi
frequencies. We find that the largest infidelity does not occur
when the Rabi frequency exactly overlaps the peak in the
PSD, but rather at lower Rabi frequencies. Considering the
π pulse length tπ = π/� we find that the effective bandwidth
of such a short pulse is on the order of the Rabi frequency
and thus samples, in practice, the entire relevant region of
the noise PSD equally. However, the pulse length is still in-
versely proportional to the Rabi frequency such that longer
pulses sample the noise for a longer time. This combined
integrated response leads to a shift in the maximal infidelity
towards lower Rabi frequencies [32]. The sensitivity of short
gate fidelity to noise integrated over a wide spectral window
renders the proportionality factor between the gate error and
the RPSD at the Rabi frequency, seen in Fig. 2(c) to be on the
order of 10−2, dependent on the details of the noise spectrum.

IV. TWO-QUBIT GATES

A. Sideband transitions

Here we consider the Mølmer-Sørensen gate [33,34],
which is a composite operation in which the spin and motion
of trapped ions are entangled during the gate through driving

(a)

(b)

FIG. 3. Incoherent pumping due to carrier coupling. (a) Simu-
lation (solid line) and measurements (filled circles) of the fraction
of atoms in the excited state as a function of off-resonant drive
time for drives with different power spectral densities. (b) Incoherent
pumping rate as a function of the Rabi frequency power spectral
density at the detuning from the carrier transition.

of motional sideband transitions. We thus start by disassem-
bling this operation into its primitive constituents. We first
study numerically and experimentally the interplay of fast
noise and coherent driving of sideband transitions in a single
trapped ion. Beyond their role in the MS gate, off-resonant
coupling fields are widely used in experiments with atoms and
molecules. Such fields are used in generating dressed states,
trapping, cooling, and local addressing of atomic qubits. It is
thus of general relevance to understand the effect of fast noise
on sideband transitions.

We begin by studying the coupling of noise to the spin
degree of freedom. We effectively remove any coupling to
motional degrees of freedom by detuning the laser central
frequency by a few hundreds of kHz from both the carrier
transition as well as from any sideband transition. The syn-
thesized noise PSD here has a broad peak around typical trap
frequencies ν ≈ 700 kHz. Following a drive of variable time,
we image the ion to determine its spin state. In Fig. 3 we
plot the excited spin state population as a function of drive
time for different levels of synthesized noise, each averaged
over 31 realizations. We observe incoherent spin pumping
due to fast noise overlapping the carrier transition. We find
good agreement with the numerical simulation, which for a
sufficient number of realizations converges well to a simple
pumping rate model Pe = 0.5[1 − exp(−�t )]. In Fig. 3(b) we
plot the pumping rate � as a function of the RPSD at the
detuning frequency from the carrier transition 	. We find that
the pumping rate is proportional to the RPSD at the carrier
transition frequency, i.e., � � 2PSD( f = 	).

In a second experiment, we effectively trace out the spin
degree of freedom and measure the occupation of the motional
modes. We drive the blue sideband transition for an integer
number of spin cycles and then perform thermometry by driv-
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FIG. 4. Heating due to fast noise in driven sideband transitions.
In the main panel we plot the average number of occupied motional
states n̄ inferred from thermometry following an integer number of
blue sideband driving cycles. The red markers show measurements
following evolution with added synthesized noise, while the blue
markers show measurements with no added noise (dashed line is a
guide to the eye). The inset shows the relevant level scheme where
unwanted carrier transitions (orange dashed arrows) are induced due
to fast noise.

ing the blue sideband transition again with a noise-free laser
and infer the occupation of motional states from sideband
Rabi thermometry [35,36]. In Fig. 4 we plot the measured
average number of phonons n̄ following an integer number of
blue sideband cycles. We find excess heating in the presence
of fast noise, which grows as a function of the drive time.
As a reference, we repeat the measurement in the absence
of synthesized noise and find a negligible amount of residual
heating, which may be attributed to inherent noise in our laser.

This heating effect is another outcome of the incoherent
carrier coupling in the presence of fast phase noise and driving
sideband transition. As seen in the inset of Fig. 4, fast noise
drives population incoherently on the carrier transition, which
results in a transfer of the ion to higher phonon states. Our
numerical simulation in this regime (solid line in Fig. 4)
reveals the interplay between coherent sideband driving and
incoherent population of vibrational modes. As a result, the
contrast of coherent Rabi oscillations is reduced along with
a constant increase in the average number of phonons. When
this number reaches n̄ = 1, the distribution becomes thermal,
and we can assign an effective temperature to the ion. Our
analysis shows that further driving of the ion would lead to
a linear increase in temperature, which we expect to saturate
when the motional spread of the ion exceeds the limit of the
Lamb-Dicke regime such that carrier and sideband excitations
are suppressed.

B. Full numerical simulation of two-qubit gates

We now combine our observation on both incoherent spin
and motional dynamics to study the effect of fast phase noise

0 2 4 6 8 10

RPSD(f= )T 10-3

0

2

4

6

8

10

1-
F

10-3

FIG. 5. Simulated Mølmer-Sørensen gate error under noisy
drive. We calculate and plot the gate infidelity as a function of the
RPSD at the trap frequency ν (filled circles). We find that infidelity
depends linearly in the RPSD at this specific frequency with a pro-
portionality factor close to unity. This is shown by the linear fit to the
numerical results (dashed line). The standard error is smaller than the
marker size.

on the MS gate. We use a similar numerical noise PSD
where the noise spectrum overlaps with the trap frequency
and a Hamiltonian with Rabi frequency � = 2π × 20 kHz,
ν = 2π × 200 kHz, and the Lamb-Dicke parameter η = 0.15.
We solve the stochastic master equation for two qubits and
their common motional state modeled as a quantum harmonic
oscillator with 30 Fock states and find the gate fidelity as the
overlap between the resulting density matrix and the target
Bell state. We note that the number of Fock state chosen
is sufficient to guarantee numerical convergence for the rel-
evant parameters studied here. This is averaged over 1000
realizations of the same phase noise PSD. We repeat this for
different noise amplitudes and plot the gate fidelity vs the
RPSD at the carrier multiplies with the gate time in Fig. 5.
Once again, we find that this single parameter quantifies the
performance of this two-qubit gate. We fit this trend with a
linear model and find that the fidelity is proportional to the
RPSD at the trap frequency with a proportionality factor near
unity 1 − F � T RPSD ( f = ν). The nearly unity propor-
tionality factor results from the fact that MS gates are long
as compared with the inverse spectral width of typical noise
features.

Similarly to our findings in a single ion, the mechanism
behind this infidelity can be either due to incoherent spin
flip or due to heating of the ion. Since the MS gate is in-
sensitive to the ion’s temperature [33] in the Lamb-Dicke
regime, the leading source of infidelity is the incoherent
spin pumping due to noise at the trap frequency. This
mechanism results in bit-flip errors during the gate that
can further propagate. However, repeated operation of the
MS gate as needed in a quantum circuit could eventually
lead to considerable heating and faster accumulations of
errors.
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V. DISCUSSION

In this paper we study the effect of fast noise on the fi-
delity of quantum operations. For a broad class of single- and
two-qubit operations, including single-qubit rotations with
resonant transitions, off-resonant driving of multilevel single
qubits, and two-qubit entangling gates, we identify a sin-
gle parameter which quantifies the rate of errors or decoher-
ence during the drive. This parameter is the noise Rabi PSD
at the relevant frequencies, that is, the Rabi frequency for
resonant rotations and the detuning from the carrier transition
for off-resonant drives and the MS gate.

Our analysis mainly applies to optical qubits, such as the
quadrupole transition of 88Sr+ used in our experiment, where
the primary noise source comes from the laser phase and
amplitude noise. However, hyperfine or Zeeman qubits are
also quite common in trapped ion systems [37,38]. For these
qubits, a two-photon transition (Raman transition) is used to
implement gates. Here phase noises arising from the laser
would be highly suppressed since the two beams share the
same phase noise. Only a significant difference in the optical
path length between the beams could introduce fast phase
noise with the appropriate frequency component to overlap
with any of the Hamiltonian parameters. Nevertheless, our
analysis is still relevant to other noise sources, predominantly
intensity noise in this case. We find that the infidelity of single-
qubit rotations via resonant drive is set by the spectral overlap
of the Rabi frequency and the noise PSD. For off-resonant
drives or operations on sideband transitions, we identify two
main channels for errors. The first one is due to an incoher-
ent spin pumping on the carrier transition, and the second
is coupling to higher excited motional modes, which takes
the system out of the Hilbert space of exchanging a single
motional quanta and results in effective heating. The latter
becomes more significant with more drive cycles as the mo-
tional excitation accumulates. While the heating mechanism
has a negligible contribution to errors in a single operation of
a two-qubit gate, incoherent spin flips play a pivotal role.

Assuming a trapped-ions quantum register with a carrier
Rabi frequency of � = 2π × 100 kHz and a motional mode
with a Lamb-Dicke parameter η = 0.05, a MS gate using this

mode will last 100 μs. Our findings indicate that in order to
achieve an error below 10−4 we require the phase noise at the
trap frequency in terms of RPSD to be under ∼1[ Hz2

Hz ]. In terms
of dBc this represents a requirement of −100 dBc/Hz on the
RPSD in this frequency range. For weak noise the RPSD is
proportional to the phase PSD, and we have the −100 dBc/Hz
requirement on phase PSD as well. This is not necessarily an
easy goal to achieve. As an example, using a narrow linewidth
laser operating on an optical qubit, with a 100 kHz wide
servo bump overlapping with the trap frequency, no more than
�10−5 of the laser intensity can be contained within this servo
bump.

The fact that the gate error is well approximated by the
RPSD at a single frequency results from the fact that typically
the gate time is longer than the correlation time of the noise
at these frequencies. In our case, the servo bump is spectrally
wider than the Fourier width of the gate. This is not always
true in trapped ion systems, and in particular, we can find short
single-qubit π times that deviate from this assumption. In
these cases a proper overlap integral is necessary to estimate
the gate error [32].

Our analysis indicates that for full quantum control of op-
erations at the high-fidelity frontier, it is crucial to characterize
and study such fast noise mechanisms in any system. We note
that our analysis is valid for any noise at the relevant spectral
window that may overlap the characteristic Hamiltonian en-
ergy scale. Furthermore, the intricate dynamics coupling spin
and motion under a noisy drive in the MS gate are relevant
to any system where a bosonic mode mediates interactions
between two spinlike qubits, such as gates between supercon-
ducting qubits mediated by a resonator. Our findings, analysis,
and detailed numerical calculations may thus guide the design
and further improvement of quantum hardware and tailored
quantum gates.
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[21] Ł. Cywiński, R. M. Lutchyn, C. P. Nave, and S. Das Sarma,
How to enhance dephasing time in superconducting qubits,
Phys. Rev. B 77, 174509 (2008).
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